is unknotted for each vertex vEK. The choice of K and / is irrelevant, since if this is true for a particular pair K, J, it is true for any subdivisions K', J' and consequently for any other choice. Of course, by [l] , local knotting can only occur in codimension 2, and possibly in codimension 1, depending on the validity or otherwise of the PL Schonflies conjecture.
Theorem.
Every triangulation of M can be extended over Q if and only if M is locally unknotted in Q. Corollary 1. Any triangulation of the boundary of a compact PLmanifold can be extended to a triangulation of the whole manifold.
Corollary 2. If M, instead of being proper in Q, is contained in the interior of Q, and if the codimension is 2; 3, then any triangulation of M can be extended over Q.
As an example of a nonextendable triangulation in codimension 2, consider the cone on a knotted PL-sphere pair (5n+1, Sn~x). This is a ball pair (Bn+2, B") in which Bn is locally knotted at the cone point. Triangulate
Bn as an w-simplex, and suppose this triangulation can be extended to Bn+2. Then the ball pair consisting of the closed star of Bn in this extension, and Bn itself, is unknotted, contradicting the local knottedness of the pair (Bn+2, 75"). Proofs of the theorem and its corollaries will follow a couple of elementary lemmas. Lemma 1. Any triangulation of M has a derived that can be extended over Q. Suppose firstly that M is locally unknotted in Q. Given a triangulation K of M there is, by Lemma 1, a derived that can be extended over Q. Now any derived of a finite complex is obtained by a finite number of stellar subdivisions-each such being the result of starring some simplex at an interior point. Therefore
(by induction on the number of stellar subdivisions) it is sufficient to prove that if aK is obtained from K by a single stellar subdivision, and if aK can be extended over Q, then K can be extended over Q. 
